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Abstract 
The bondage number h(G) of a nonempty graph G was first introduced by Fink, Jacobson, Kinch 
and Roberts in [3]. They generalized a former approach to domination-critical graphs, In their 
publication they conjectured that b(G)<d(G)+ 1 for any nonempty graph G. 
In this note we present a counterexample for the conjecture. 
Introduction 
Let G =( V, E) be a finite, undirected graph with neither loops nor multiple edges. 
A set D of vertices in G is a dominating set if each vertex of G that is not in D is 
adjacent to at least one vertex of D. A dominating set of minimum cardinality in G is 
called a minimum dominating set, and its cardinality is termed the domination 
number of G and denoted by l’(G). Fink, Jacobson, Kinch and Roberts [3] defined the 
bondage number b(G) of a nonempty graph to be the minimum cardinality among all 
sets of edges X for which y(G-X)> y(G) holds. For graph theory terminology not 
presented here we follow [4]. 
In [3] the authors (see above) investigated the bondage number b(G), found some 
sharp bounds for it and finally conjectured that 
b(G)dd(G)+ 1 
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Fig. 1, The counterexample. 
for a nonempty graph G. This conjecture was motivated by a proposition in [ 11, where 
Bauer, Harary, Nieminen and Suffel showed that h(G)<d(G) if there exists a vertex 
v in G with y(G)<y(G-v). 
The counterexample 
By contraposition of the proposition of Bauer, Harary, Nieminen and Suffel [l] we 
obtain the following. 
Proposition. [f h(G)>d(G) then r(G-v)<?(G)@ u/l oertices Z;E V(G). 
In [2], Brigham, Chinn and Dutton define the vertex domination-critical graphs 
exactly in this way. 
Definition. A vertex v is critical if Y(G - a) < ;l(G) and G is vertex domination-critical if 
each vertex is critical. 
In order to find counterexamples for the conjecture mentioned above we therefore 
have to look at vertex domination-critical graphs. 
By reducing the class of graphs coming into question as counterexample and finally 
computing the bondage number of the graph shown in Fig. 1 we can see that G is 
a counterexample for the conjecture of Fink, Jacobson, Kinch and Roberts. One can 
easily check that d(G) =4 whereas h(G) = 6 was computed. 
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